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Maremarnyeckasi aHAJIOT U MeXKIYy HapaKCI/IaJII)HOfl OIITUKOM C ABYMs KPYTOBBIMU IIOJIAPU3AMUAMU CBETA B

nedokycupyromeit KeppoBckoit cpejie ¢ TOJI0KUTEIBHON AuCIIepcueil, OMHAPHBIMHU 003e-KOHIEHCATAMU XOJIO/I-

HBIX aTOMOB B peXXuMe pazfesenns da3, u THAPOJINHAMUAKON ABYX HECMEIUBAIONIAXCA CXKUMAEMBIX YKUIKO-

cTell CriocobHa IIOMOYb B TEOPETUIECKUX ITONCKAX paHee HEU3BECTHDLIX TPEXMEPHBIX KOT€PEHTHBIX OIITUYICCKUX

CTPYKTYp. B namHOl paGore pacCMOTPEHBI MONEPEYHO 3aXBadeHHbIE (IJIABHBIM IPOMUIEM MOKA3ATENs Ipe-

JIOMJIEHUS) TIY9IKH CBETA U IPUBEJIECHBI TAKWe HOBBIE YUCJEHHBIE IPUMEDPDI, KAK “IIABAIOIIAs KAIIsT, TIPEIec-

CHUPYIONMINI TPOTONIBHBI ONTUYECKUI BUXPh C HEOJHOPOIHBIM TPOMUIEM 3aIOJHEHNS BTOPO KOMIIOHEHTOM,

a TaKXKe KOM6I/IH3,LII/I$I KaIlJIn 1 BHXpeBOfI HUTH. KpOMe TOro, IPpOMOJEC/JIMPOBAHbI IIOIIEpEYHbIC 110 OTHOIIICHUIO

K OCH IIYYKa 3allOJTHEHHbIC BUXPU, PACIIPOCTPaHAIOIINECd Ha OoJibIIne PaCCTOAHUSA.

DOI: 10.31857/S51234567823040080, EDN: piwlzm

BBenenme. Kak wu3sBecTHO, ypaBHEHUS Iapak-
CUAJIBHOM OIITUKHU, OIUCHIBAIOIINE PpACIPOCTPaHEHIEe
JIBYX B3aUMOJEUCTBYIOIINX KPYTOBBIX MOJISPUABAIIMIL
cBera B amdsiekTpuke ¢ KeppoBCKoil HEIMHEHHOCTHIO
[1-4], B nomHOCTBIO JNedOKyCHPYIONEM Cilydae MaTe-
MaTUYeCKU SKBUBAJIEHTHBI CBSI3aHHBIM YPaBHEHUSIM
I'pocca—Iluraesckoro mjst 6GuHAapHOTO 0O03€-KOHIEHCATA
B PEXKHMMe NPOCTPAHCTBEHHOIO pasnenenus: das [5—11].
B cBoio odepenn, moBeneHume 003e-KOHIECHCATOB Ha
OTHOCHUTEIFHO OOJBIUX Macmrabax BO MHOTOM COOT-
BETCTBYeT KJACCUYECKOH ruapomnnamuke. B dbusuke
VJIBTPA-XOJIOJHBIX Ta30BbIX CMeceil ObLI Teoperude-
CKI OOHADYKEH D&l SABJIEHUI, KOTOPbIE AHAJOTHMIHBI
[TOBEJICHUIO HECMEITUBAIOIINXCH KJIACCUIECKUX IKUJI-
kocreit. B wactHocTm, Ojaromapsi 3pdeKTUBHOMY
[OBEPXHOCTHOMY HATsi2KeHWIO [8, 12| BO3MOXKHBI Takue

“KanmmuigpHble”  SBJIEHUS KaK JIMHAMUKA IIy3bIpeil
[13], amajorm KJIACCHMYECKAX I'HIPOJMHAMUIECKUX
neycroiiunsocreil  (Kesbsuna—Tenbvromnsna  [14-16],

Pones—Teitnopa [17-19], Ilnaro-Pames [20]), mapa-
METPHIECKast HEyCTOWIUBOCTD KANWIISAPHBIX BOJH HA
rpanune pasuena dasz [21, 22|, ciI0XKHBIE TEKCTYDHI
BO BpAIIAIONMXCA OMHAPHBIX KOHJIEeHcaTax [23-25],
TPEXMEpHbIE  TOIOJIOTUYECKHE CTPYKTYpbl  [26—29)],
KAIMJUIIpHAs  IJIABYYECTh Kallelb B 3aXBAYEHHBIX
HeCMeIMBAIMXes 6o3e-konaeHcaTax [30], Buxpu c
3an0jiHeHHON cepauesunoii [7,31-38], u T.1. Muoroe
U3 BBINICIEPEYUCICHHOTO JOJKHO, MO HUJee, OCy-
MIECTBJIATLCA ¥ B HEJMHEHHON OITHKE, XOTsl IOKa eIre

De-mail: ruban@itp.ac.ru

JTAJIEKO He BCe ObLIO OOHAPYKEHO IKCIIEPUMEHTAIHHO
B omTuvecKux Jaboparopusix. Ho, 1mo Kpaiineii mepe,
JIOMEHBI TOJITPU3AIUN CBETA U3BECTHBI JOCTATOYHO
JABHO (718 CJlydasi BCTPEUHBIX BOJIH cM. [39, 40], a g
COHAIIPABJICHHBIX BOJIH — [41-45]).

Hao ckazaTh, 4TO KOHIEIIUs [IOBEPXHOCTHOIO Ha-
TSIKEHUSI TI03BOJISIET [IPOBOJIUTH KAYeCTBEHHbIN aHAJIA3
MHOTUX CTPYKTYP YKA3aHHOIO THIA, 9TO OCOOEHHO
[EHHO [IJIsi TPEXMEPHBIX KOH(MUTypammii. JTa KOHIIET-
st (PAKTUIECKH COOTBETCTBYET PEXKUMY IIPEJIE/IbHO
CUJIBHOY HEJIMHEHHOCTH M OKa3bIBaeTCA B PALE CIyda-
eB HE3aMEHUMbIM (U 4yTb JIM HE €JMHCTBEHHBIM) HH-
CTPYMEHTOM WCCJIEIOBAHKS, IIOMUMO COOCTBEHHO TI'HJI-
pPOMHAMUYECKOTO pubJimKenus. B mannoit pabore, Ha
OCHOBE HEJIABHUX JOCTHKEHUN B 00JIACTU XOJIOIHBIX Ta-
30B U C IIPUBJIEYEHUEM IIPUCYIIErO MOYTH BCSIKOMY de-
JIOBEKY MHTYUTHUBHOI'O IIOHUMAHWS CBOMCTB KaIlUJLJIsIP-
HOCTH (HAKOIUIEHHOIO MOBCEIHEBHBIM OIILITOM), OyIyT
PacCMOTPEHBI HEKOTOPbIE BaKHbIE ACIIEKTHI TAKUX pa-
Hee M3BECTHBIX JIBYXKOMIIOHEHTHBIX OOBbEKTOB, KaK 3a-
noJiHeHHbIe onrudeckue Buxpu [43-47]. Kpome Toro, 6y-
JIyT YUCJEHHO ‘CKOHCTPYHUPOBAHBI' TPH, MO-BUINMOMY,
HOBBIE TPEXMEPHbIE KAIWJLJISPHbIE CTPYKTYPbI B IIOIE-
PEYHO 3aXBAYCHHBIX ONTUYECKUAX IYYKaX: TPOCTast IJIa-
By4as KaILIsdA, IPEIeCCUPYIONIasi IIaBydas KAIJIs ¢ IPH-
COEJIMHEHHBIMU K Heil IPOI0JIbHBIMI BUXPEBBIMU HUTSI-
MU, a TaK»Ke IOIlePeYHbIe 110 OTHOIIEHWIO K OCU ITy4Ka
3aI0JIHEHHBIE BUXPU.

Mognenn. Heobxommmo cpasy »Ke OTMETHTD TO HECy-
IIECTBEHHOE TI0 OOJIBIIOMY CYeTy OTJIMYHE, YTO IBO-
JIFOIIMOHHOI IIePEeMEeHHOIl B ONTHUKE BMECTO BpPEMEHU t
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OOBIYHO CJIy?KUT nAucTaHius ( BIOJb OCH IIydKa, a
POJIb TpeTheil “IpoCTPaHCTBEHHON KOOPIMHATHI UTPAET
“sanaznpisatomniee” BpeMst T = t—(/vg,. IloaTOMY HHOTIA
TpedyeTcsi HEKOTOPOe yCuiine, 4TOObI OCO3HATH YeThI-
PEXMEPHYIO KAPTUHY sSIBJICHUs. B 9acTHOCTH, 3TO 3aMe-
JaHMe KacaeTcsl JBUXKEHNs KBAHTOBAHHBIX BUXPe, KO-
TOPBIE MOTYT OBITH TO-PA3HOMY OPHEHTHPOBAHBI B IIPO-
crpancTse (,y,T).

Ilycrs uMeercs: quajieKTpUdecKas cpejia ¢ M30TPOII-
HBIM 3aKOHOM JIUCIEPCHH JIMHEHHBIX ONTHYECKUX BOJIH
k(w) = v/e(w)w/c u ¢ pedokycupyroreit Kepposckoii
HEeJIMHENHOCTHIO. ByjieM mojiarars JIMCIIEPCUIO T'PYIIIO-
BOil cKOpocTH aHOMabHOH (To ecTh k' (w) < 0 B HEKO-
TOPOM Jiuana3one). 3aduKCupyeM HECYIILYIO YacTOTY W,
COOTBETCTBYIOIIIEE eif BOJIHOBOE YUCJIO Ky U BTOPYIO IIPO-
usBozHyo k{. IIpenmosoxkum Taxkxe, 4To JUHEHHAA 10
SJIEKTPUIECKOMY ITOJII0 YACTH JNJIEKTPUIECKON TPOHU-
[[AEMOCTH B MHTEPECYoeil HAC 06JIACTH TPOCTPAHCTBA
cJIerKa HEOIHOPO/IHA M Ha YACTOTe W UMeeT IPHUOJIN3H-
TEJIbHO TapabOIMIecKnii ABYMEPHBIN pOoduiib:

el = e[l +17(2 — (2 + %Y%)/ R?)], (1)

¢ MajbpM Oe3pa3MepHbIM mapamerpoMm v K 1 u or-
HOCUTEJIbHO GOJIbIUM mapaMerpoM uabl B > 1/kg
(xapakrepHO#l mupuHO# cBerToBoro myuka). Koaddu-
[INEHT K 33JaeT MOIEPEYHYI0 M€OMETPHUYECKYI0 AHM30-
TPOILMIO TAKOIO IUIABHOI'O BOJHOBOAA (JyIs onpeiesieH-
HocTH, Kk > 1). TlogmoGHas cpesia panee GblIa paccMoTpe-
Ha, HanpuMmep, B padore [48] (mist oxHO# moaspU3aIUK
cBera).
31eCh HCCIIEyeTCsl ONTHIECKU Iy Y0K IIPY HAJTUIUN
obenx mosisipu3aluii. B HajuiexkamuMm oopa3om obe3pas-
MEPEHHBIX [IePEMEHHBIX MbI UMEEM CJIEIYIOIIYI0 CHCTe-
My yPaBHEHUil Jjis MeJJIEeHHBIX KOMILJIEKCHBIX OI'MOaro-
wux Ay o(z,y, T, (), OTBEIAIONIUX IPABOii U JIEBOH Kpy-
TOBBIM IMOJITPU3AIASIM CBETA:
Z% = |- %A + V(z,y) + |A12)* + 912|A2,1|2} Aq 2,
(2)
rae A = 02+ 97 + 02 — rpexmepHbiit oneparop Jlama-
ca B “koopauHaTHOM’ TpocTpaHcTBe (T,Yy,T). JdaHHBIE
YPaBHEHUS JIETKO BBIBOISATCS 110 AHAJIOTUU C Haparpa-
dom “Camodokycuposka’ B Kaure Jlaugay u Jludmmuia
“DJIEKTPOIUHAMUKA CILJIONIHBIX CPell’, eCJi B (POPMYILY

D® = o(w)|E|’E + (w)E*E* (3)

IIOJICTABUTH BbIpaXKeHUE I IJEKTPUUIECKOTO II0JId B
TepMHUHAaX KPYTOBBIX HOJISAPU3AIAIL,

E = [(e; +iey) A1 + (es — iey)Ag}/\/i, (4)
a 3aTeM IIPOJIEIATH BCEe OCTAJBHBIC BBIKJIAJIKH (C yde-

TOM BTOpOfI HpOI/ISBOﬂHOIU/I 110 Bpel\fleHI/I) un IIpou3BecTu
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ciiepytomee nepemacmrabuposanue: ( = (V/R) - (o,
{z,y} = Vvko/R -{,y}oia, T = \/v/(RIkG]) - Tora, a
Taxke A1y = \/koR|o|/(2ve) - ALY,

3aMeTnM MOIyTHO, YTO €CJIN BHIOPATh OA3UC B BUIE
JIMHENHO (MJIM SJUIMIITHYECKN) OJISIPU30BAHHBIX BOJIH,
TO B COOTBETCTBYIOIIUX YPABHEHUSIX [TOSBSITCSI JOITOJTHY-
TeJIbHBIE YJIEHBI C YETHIPEX-BOJHOBBIM CMEIIEHUEM, UTO
MeHee yJI00HO JijIst uccjegoBanus. HeJlnHeHHOCTD sIBJIsI-
ercst 1eOKyCcUpyIoleil B ciydae OTPHUIATEIbHBIX (¢ U
B. IapameTp mepekpecTHOI (HA30BOI MOLYIIANIAA §19 =
= 14 2/« 3aBUCAT OT BEINECTBA; B TUIMYHOM CJIy4dae
o paseH 2. J/ledokycupyromumii xapakrep HeJMHEHHO-
CTH U YCJIOBUE CHJIBHOTO MEPEKPECTHOTO OTTATKIBAHIS
g12 > 1 mompasymeBaror pexkum paszenenus dhas. Ipy-
THMH CJIOBaMU, [IPU MHTEHCUBHOCTSX cBeta |Aq o|? ~ [
B (z,y, T)-pocTpancTBe Ha MamTabax [ 3> 1/v/T cron-
TAHHO 0OPA3yIOTCsl JJOMEHBI € TIPOTUBOTIOJIOKHBIMU KPY-
roebiMu nosisipusarmsivu [41-45]. Hauanbrolt cranueit
TAKOT'O IPOIECCa TACTO SBJIAETCS CIENNPUIECKAs MO~
JANUOHHAS HEYCTONINBOCTD COCTOSHUN C JIMHEMHON NI
SJLINIITUYECKO Tojigpu3anueii. ['eomerpuyueckast Gpop-
Ma 9TUX obJiacTell B ODOIIEM CJIydae SBOJIOIUOHUDPYET
¢ yBeJmdeHueM (, 9eMy B THJPOJIUHAMUYICCKON aHAJIO-
U COOTBETCTBYET JIMHAMHUKA BO BpemeHu. TosmmuHa
w ~ 1/4/I TOMEHHBIX CTEHOK NPH TOM OKA3BIBAETCS
OPsA/IKA OOPATHONW TUIUIHON aMIIUTYABI, a Kodddu-
LIMEHT OBEPXHOCTHOIO HATsKeHus o ~ [3/2,

DddexTusHbI BHENHNMIT oTeHman V(z, y) B ypas-
HeHUsIX (2) IPONOPIMOHAJIEH (CO 3HAKOM MHUHYC) OTKJIO-
HeHUIO £(, Y) JUIeKTPUIECKON IIPOHUIAEMOCTHU OT 110~
CTOSIHHOI'O 3HaJeHus. B HaleM cjydae

V(z,y) = (2% + k*y?)/2 — p, w=vkoR.  (5)

HeomropomuaocTs € HeoOXoaMMA 171 TIOTIEPETHOTO YIeP-
JKAHUs ONTHYECKOTO IyYKa, MOIBEPKEHHOIO IudpaK-
uu 1 HeJmHeHo# pacdokycuposke. B mpunnumne, no-
Ka3aTesib MPEJOMJICHUST MOXKET 3aBHCETh U OT (, HO
TOJIBKO JOCTATOYHO MEJJICHHO Jjis (PU3MIECKOI IIpuMe-
HUMOCTH paccMaTpuBaeMoro npubJuzkenus. Ecim cpas-
HUBATH ¢ 603e-KOHIEHCATAMIE, TO TAM JIJIs CIIPABETHBO-
CTU AHAJIOTUU C OMTUKON MOTEHIMAJ JIOBYIIKHU JIOJIXKEH
3aBUCETh He 60Jjiee YeM OT JIBYX MPOCTPAHCTBEHHBIX JIe-
KapTOBBIX KOODAMHAT U (BO3MOXKHO) BpeMenu. Mbl ja-
Jiee COCPEJIOTOYMMCSI Ha YUCTO JIBYMEPHOM MOTEHIIHAJ b~
HOM ‘““kes100€” Buma (5). B “pasHoBecun”, Koryja yHK-
i Aj 2 He 3aBHCAT OT (, IPOTSAKEHHOCTb CBETOBOI'O
[yYKa 10 MEPEMEHHOM T OKa3bIBAETCsl TAKUM 0Opa3oM
6eckoneunoii. Kcraru, 3To cpa3y ke HABOJIUT Ha MbICJIb,
YTO BO3MOXKHBIE JIBYMEPHbBIE PeIleHus! (He 3aBUCSIINAE OT
T) JOJKHBI OBITH HEYCTORYUBBIMU — TPYIHO cebe BOOO-
pPa3UTh CTAOMJIBHYIO MPOJIOJILHYIO JIOMEHHYIO CTEHKY B
TaKOI CUTYAIMH; CKOPEE MPEJICTABJISIFOTCS YepPe Ly FOIITH-
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ecsl BIOJIb OCH T JIOMEHBI C mornepednbiMu crenkamu. C
JIPYTOii CTOPOHBI, MHKPEMEHT IIPOIOJIbHON HEYCTONYuU-
BocTH OyJIeT OYeHb MaJIbIM JjIsl JJIMHHOBOJIHOBBIX BO3-
MylIeHuil (T.e. UMEIOIUX MaJible YaCTOThI), U UX AMILIA-
TYZbI CHJIBHO BBIPACTYT TOJIHKO Ha JIOCTATOYHO OOJIBITTIX
¢, Korja B JIBYMEDHOIl JUHAMUKE YK€ CJLy9IUTCS MHOI'O
COOBITHUIA.

Iapamerp p (B Teopun 603e-KOHIEHCATOB 9TO 6e3-
pa3MepHbIl XUMUIECKUil MOTeHIma) OylIeT y Hac Xa-
pPakTepu30BaTh YPOBEHb HEJUHEHHOCTH (DPOHOBOIO CO-
crostaust onTudeckoro nosst (I1 ~ p). O Gyaer npes-
[IOJIATATHCS JTOCTATOYHO OOJIBIINAM, 9TOOBI ITOTIEPEIHBIN
pasmep Iydka R ~ \/fi BO MHOTO Pa3 HpPeBbIIIaJl Xa-
PaAKTEPHYIO TOJIIUHY JIOMEHHBIX CTEHOK W W CEPJIIeBU-
Hy & KBaHTOBaHHBIX BuXpeil: w ~ & ~ 1/\/n. C apy-
rOif CTOPOHBI, CJIUIIKOM OOJIbIIAE MOITHOCTH Ha MPaK-
THKE MOIYT OKa3aTbCsl HeXKeJjaTe/bHbIMEH. [losTOMYy B
YUCJIEHHBIX IPUMEPAX MBI OyZeM OpaTh yMEPEeHHYIO Be-
Jmanny (L= 6.0.

Heobxomumo erme cka3aTb, 9TO0 MAJIOCTH IMapaMerpa
v Ipu3BaHa 00ECIIEYNTh yCJIOBUSI IPUMEHUMOCTHU KBA3H-
MOHOXPOMAaTHYECKOI0 IPUOJIMKEHUsI, IIOCKOJbKY B UC-
XOJ[HBIX PA3MEPHBIX [IEPEMEHHBIX XapaKTepHasl MUPUHA
BUXpEl U JIOMEHHBIX CTEHOK II0 IIOIEPEYHBIM KOOP/INHA~
TaM oleHuBaeTcsa Kak w) ~ (vko)~t > 1/kg, a 1o Bpe-
MeHHO} KoopaumaTe — Kak wy ~ +/|k{|/ko/v. IlosTo-
My (aHOMaJIbHAS) JUCIEPCHsl He JIOJKHA OBITH CJIMII-
KOM €J1aboi, IT00bBI COBIIIOAIOCH yeaoBre wy > 1/w.

Peajmmcruyeckumu BBIDJISIIAT 3HAYEHUS] IAPAMETPOB
v ~ 0.03 u kgR ~ 200, aro cocrasisier okoso 30-
TU JJIH BOJIH (HA TOJIIMHY BHUXDeil U JOMEHHBIX CTe-
HOK TOTJIa NPHUXOJUTCSI OKOJO 5-TU JUIMH BOJIH). Xa-
paKTepHas JUCTAHIUs BJIOJb Mydka R/v okasbiBaer-
csd B paifloOHe TBHICAYN JJIMH BOJIH, YTO COCTABJIAET Be-
JIMYUHY OKO0JIO MuJjimMerpa. MHrepBay ( B HECKOJIb-
KO COTeH 0Oe3pa3MepHBIX EIWHUI] COOTBETCTBYIOT Jle-
CATKN CAHTUMETPOB. B NPUHIUINAJIHLHOM OTHOIIEHUN
paccMaTpuBaeMasl 3JeCh CHCTEMa II0X0XKa Ha TO, 9TO
B AHIVIMICKON TEPMUHOJIOTUU HA3bIBaeTCs graded-index
highly multimode optical fibers, XoTs TaM IMy9YKN CBETA,
KaK [PABUJIO, HE CTOJIb IMUPOKUE — BCETO B HECKOJIb-
KO JJIMH BOJH (cM., Hampumep, [49,50-53] u ccpuiku
taMm). Bosiee BaxkHoe orimune cocroutr B gedokycupy-
IOIEM XapaKTepe HEeJMHEHHOCTH B HAINEM CJIydae, TO-
r7a Kak OObIYHBbIE OIITUYECKHE BOJIOKHA JeJIAl0T U3 Ma-
TepuaJjioB ¢ (GoKycupyiomei HeanueiHnoctbo. [lo sToi
npuauHe OBICTPO MPOBEPUTH MIPEICKA3AHUS HAIIEH Teo-
PUU Ha IKCIEPUMEHTE, CKOpee BCero, He moJrydurcs. I1o-
TPeOYIOTCsI CIIeIUAJIbHbIE YCUJINS Ha, CO3IaHue 00pasia
C HYXKHBIMU CBOWCTBaMU. BaKHO, 9TO HET MPUHITUITH-
aJIbHOTO 3AIIPETa Ha CYIIECTBOBAHNE AeDOKYCHPYIOIIEro
KeppoBckoro ausjieKTpuka ¢ aHOMAJIBHOM Juciiepcueit

U IUIABHBIM IPOMUIEM HOKA3aTe sl IPEJOMIICHUsT (CM.,
HanpuMmep, [48]). A MOCKOJIBKY YHMCIIEHHBIE DENeH ST J1JIsT
TaKUX CHUCTEM OKA3BIBAIOTCSl OYEHb WHTEPECHBIMU, ITU
TEOPETUYECKHE PE3YIbTATHI 3aCIYKUBAIOT CEPHLE3HOTO
BHUMAHWSI.

YHucuennstit meron. Cucrema ypasaenuii (2) pe-
magach UMCIeHHO B Kybuueckoit obsactu (47)% =~
~ (12.6)% ¢ TepHOAMYECKIMH TPAHUIHBIME YCIOBHSI-
MU [0 nepeMeHHbIM (x,y,T) Merogom Dypbe BTOPOro
[OPSIZKA C PACHICIUIEHHBIM IIaroM IO IepeMeHHOH (.
TouHOCTH BBIYHCJIEHUIT KOHTPOJMPOBAJIACH COXPAHEHU-
€M TaMWIbTOHHAHA CHUCTEMBI J0 6-TO NEeCATUIHOTO 3HAa-
ka. bimskue K cranuonapy cocrositust pu ( = 0 mpuro-
TOBJISJINCh METOJIOM PACIIPOCTPAHEHNMs B MHUMOM Bpe-
menu (imaginary-time propagation). pyrumu cjosa-
MU, B JIEBBIX YacTdX ypaBHeHuil (2) BMeCTO i craBu-
Jlach —1 ¥ Takasl JUCCUIIATUBHAS JUHAMUKE, CIATAJIACH
HA OIIPEJIEJIEHHOM KOHEYHOM TICEBIIOBPEMEHHOM WHTED-
BaJte. IIpu sTOM mOGaBIIsAIACE HEKOTOPAS TIOJIOKUTEb-
Hasl IOMPaBKa flo K XUMUYIECKOMY ITOTEHIIUAJLY BTOPOI
KOMITOHEHTHI. Besmauna 3Toit 100aBKH, a TakyKe 3aTpa-
BOUHBIE TPOMUIN 00ENX BOJTHOBBIX aAMILIUTY/ I, TOAOUpa-
JINCH METOJIOM P06 U OIMIHOOK JI0 TIOJIYIeHUsT KeTaeMOi
“Macchl’” BTOPOU KOMIIOHEHTHRI. B pe3ysbrare Takoil auc-
CUTIATUBHOM POTIE Iy PhI YKECTKHE BO30YKJIEHUST OKA3bI-
BaJICh CHJIBHO TIOJABJIEHBI, TOTJA KAK HHTEPECYIOIIne
HAC MSTKHE CTEIeHU CBODOBI HE YCIIEBAJIU OTPEIAKCH-
poBaTh. TOIBKO [TOCJIE 9TOTO 3aIYCKAJICS CIET HETIOCPE/I-
CTBEHHO KOHCEDPBATUBHOII cucrembl (2).

Hajee OyayT TpeiCcTaBeHbI HECKOJIBKO COIEpIKa-
TeJIbHBIX YUCJIEHHBIX IIPUMEPOB.

IlnaBaromas kamis. Hagnem ¢ npocreiimero city-
Yas, KOrJa [OYTH BECh IIy9OK (C apamMeTpoM IoIeped-
HOJl aHW30TpOIUH K2 = 2) cocrour U3 NEPBOH KOM-
[IOHEHTHI, & HA HEM ILJIaBaeT Kalljls BTOPOI KOMIIOHEH-
THI (CM. OpUMEpP Ha pHC. 1, TJie JOMEHHAs] CTeHKa BUJI-
Ha KakK [POBaJ CyMMAapHON wmHTeHcuBHOCTH). KBaHTO-
BaHHbIE BUXPHU OTCYTCTBYIOT. B pesyibrare peJakca-
[IMA B MHUMOM BPEMEHU Ha ITalle IIPUI'OTOBJIEHHUS UC-
XOJ[HOT'O COCTOSTHUSI TTOJTY 9aeTCs HJIN3KasA K CTATHIECKON
HavYaJIbHas KoHduryparus. PopMa Kallll UCIBITHIBACT
HeOOoJIbIIIE KOJI0AHUA C TeYeHHeM YCJIOBHOIO ‘BpeMe-
un’ (. Takoe ee moBeIeHNE WHTYUTHBHO IMOHSATHO, TaK
KaK Mbl UMEeM 3JIeCh HATYPAJIbHYI0 MEXAHUIECKYIO CH-
CcTeMy, B KOTOPOIi JIOCTUTaeTCsl MUHUMYM ITOTEHIUAJIb-
HOIl 9HEpPrum UpU 3aJAHHBIX TOJHBIX ‘Maccax’ obenx
KOMIIOHEHT, X COBEPINAIOTCH MaJjble Kojebanus BOJIM3U
sroro muHEMyMa. OJHAKO HEOOXOIUMO OTMETUTh, UTO
CJIUINKOM MAaCCHBHAsI KAIlJIsl OKA3bIBAETCs HEYCTONYn-
BOIf, U B pe3yJIbTaTe OHA 3AIIOJIHSET COOOI BCe cedeHue
[y4YKa HA HEKOTOPOM €ro ydyacTke (Takasl npocrasi KBa-
3MO/JHOMEPHAsI CTPYKTYPa 371eCh HE MOKA3aHA).
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[Py +p.ll o

Puc. 1. (LigerHoit onuaiin) YucieHHBI IpUMED CBETOBOIO
MyJKa ¢ “IJIaBaloleil Kariei” Mpu 3HAYeHUN epeMEHHOM
¢ = 300. lIBeTom moka3aHa CyMMapHas HOPMHPOBAHHAS
mwiotHoCTh p1 + p2 = (I1 + I2)/p: (a) — B momepeyHOM
cedeHMH IIydka Iutockoctsio 7 = 0; (b) — B mpomosibHOM

CeYeHU! IJIOCKOCThIO Yy = 0.

IIpoagosbHBIT BUXPh C HEOAHOPOIHBIM 3aII0JI-
HeHueM. BecbMa HHTEpECHDbIE YNC/IEHHBIE PEITEHHS 0~
JIy9aroTCsl, €CJIA yJIEPKUBAIOIIUI TTOTEHIIUAT OCECHM-
merpuueH (k = 1), anpu ¢ = 0 uMeeTCst IPOJIOIIBHO OPH-
eHTUPOBAHHBIN (OJJHOKPATHBI) ONITUIECKUIT BUXDD C 32~
TIOJTHEHHOW CeP/IIIEBUHOMN, PACIIOJIOXKEHHBIN Ha HeOO/Ib-
[IOM PACCTOSHMU OT OCH IIydka. IIpu Hajudumu MaJoi
UCXOJHON HEOJHOPOJHOCTH DA3BUBAECTCA TAK HA3BIBAEC-
Masi COCHCOYHAS HEYCTOWIMBOCTDH, OOYCJIOBJICHHAS MO-
BEPXHOCTHBIM HATSI?KEHMEM U IMPUBOAAIIASA K 06pa3oBa-
HUIO Iy3bIpd B (GOpPME BEpeTeHa, ¢ IIPUCOEIUHEHHBIMY
K HEMY JBYMsl BUXPEBBIMHA HATSIMH — BXOJSINEH W BbI-
xojsmeit (eM. obcyskaenue sroro sipienns B [36]). Ilpu
YMEPEHHOM KOJIMIECTBE BTOPOil KOMIIOHEHTHI (hOPMHUPO-
BaHUe U PACHaJ] Iy3bIPA MOI'YT [OBTOPATHCS HECKOJILKO
pa3. Buxpb mpu 3TOM mpeneccupyer BOKPYT OCH ITyd-
Ka. MOXKHO ¢pa3y 3allyCTHTh BUXPb ¢ 00Jiee-MeHee 101
XOISIUM HEOJHOPOJHBIM 3all0JIHEHUEM, M TOTJA ILy-
3BIPb IIPUMEPHO COXPAHSET CBOIO (DOPMY, BPAINAsCh BO-
KpyT ocu 1ydka (cM. Buzeo [54], rue nokazana quHaMu-
K& YCJIOBHOI IIOBEPXHOCTH, OIPEIEJSIONIE cepIesu-
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HY BHUXDs; I[BET COOTBETCTBYET Z-KoopauHare). Takum
06pa3oM, COCHUCOYHAS HEYCTOMIUBOCTH HACHINACTCI, U
dopMuUpyeTcs IPENecCUpyoNmil TPeXMEPHBI BUXPb-
COJINTOHHBIN KOMILJIEKC, IIPUMEP KOTOPOr'o IOKa3aH Ha
puc. 2. Bumnuo, 9410 IPOTSKEHHOCTH BTOPOI KOMITIOHEH-

[P, +pall o

Puc. 2. (IlBernoit onsaiin) CBeTOBOH IIy4OK C IPELECCH-

PYIOIIUM BUXPb-COJINTOHHBIM KOMIUIEKCOM TIpH £ = 1 n
¢ = 228: (a) — mOIEpeYHOE CEeYEHHE IIYYKa IJIOCKOCTHIO
7 = 0; (b) — momepe4HOe CedYeHHE IyYKa IJIOCKOCTHIO

T = 27; (¢) — IPOAOJIBHOE CEUYEHHE TIOCKOCTRIO & = 0

TBI BJIOJIb IIyYKa MPAKTHIECKU KOHEYHA — OHA BCHA “‘BbI-
IaBIMBaeTCs” IMOBEPXHOCTHBIM HATS?KEHUEM U3 OCTaB-
Ieficst YaCTH BUXPS B IIy3bIPb. II0CKOIBKY B YHCIEHHOM
9KCIIEPUMEHTE JJAHHBII KOMIIJIEKC PaclPOCTPaHAEeTCd Ha
COTHH €JIMHUIL 10 MepEeMEeHHOW ( W MPU ITOM IOJBEP-

8*
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raercs JeHCTBUIO “HeCTAIMOHAPHLIX BO3MYINEHHUi 6e3
yiepba Jjisi CBOEil 1eJIOCTHOCTH, MOYKHO C/IeJIaTh IIpel-
IIOJIOXKEHME O ero ycroiiuuBocTu. Biipoyem, 5T0T BOIIpoc
Tpedyer JajbHeInero ucciaeaoBanns. JJanuplil mpuvep
MIPEe/ICTABIISIET CODOI HETPUBUAJIBHOE 0DODIIEHNE CTPYK-
TYpPBI, paHee M3BECTHOH JjId OJHOPOAHON cpemnl (6e3
YZEPKUBAIOIIEr0 BHEIITHETO oTeHImamia) [43-47].

Crour eme ymomsHyTb, 4To eciau mpu ( = 0
MIPUIATh BTOPOl KOMIIOHEHTE HEKOTODPYIO IPOIOJIHLHYIO
“ckopocTs” u (ymHOXKUB Ag Ha exp(iuT), uTo B AeificTBu-
TEJIBHOCTH O3HA4YaeT HeOOJIbINOe yMEHBITEHUE JACTOTHI
BTOPO KOMIIOHEHTBI), TO COJIUTOH HOJIY9IaeTCs JIBUKY-
IIUMCSI, 8 BCS CTPYKTYpa B IEJIOM — HECKOJIBKO CKpPY-
vyeHHOH (cM. BUzeo [55]).

IlnaBarorias Kamsisi ¢ HPUCOEANHEHHBIMY BUX-
peBbIMH HUTAMU. [0 WHOMY CIEHAPUIO TPOUCXOIUT
SBOJIIOIUS [IPU JIOCTATOYHO OOJIBIIIOM 3AII0JIHEHUU HUC-
XOJIHOTO BHUXpPsi. B 3TOM ciiyuae Ha BuUxpe cobupaer-
Cs MaCCHBHBII IIy3bIph B (popMe JIMMOHA, & 3aTeM €ro
[IpeIeccusi TepsieT yCTOWIMBOCTh. Ily3bIpb BCILIBIBAET
Ha IIOBEPXHOCTDH IIyYKA U IIPEBPAIAETCS B ILJIABYIYIO
KAILUTI0O C TPUCOEJUHEHHBIMU K HEH [ABYyMs ILyCTBHIMA
BUXPEBBIMEU HuTsAMHA. [I0oC/Ie epexoIHbIX TPOIEeCCOB CH-
CcTeMa OISITb-TAKU BBIXOJAUT HA IOYTH CTAIMOHAPHYIO
IIPEIECCHIo BOKPYT ocu mydka (cMm. Buueo [56]). Coor-
BETCTBYIOMUI mpuMep HokazaH Ha puc. 3. OdeBuHO,
YTO HUKAKUMU CYIIECTBYIOIUMU AHAJIUTHIECKUMHA Me-
TOJAMH IIOCTPOUTH TAKOE CJIOXKHOE PellleHne HEBO3MOXK-
0. O1HAKO OY/ydd MOJIyIeHO YUCTIEHHO, OHO BBITJISIITAT
BIIOJIHE €CTECTBEHHO U YOeMTEIbHO.

Ilomepeunrnie Buxpu c 3armojiHeHneM. Hakower,
UCIIOJIB3YEM Ty BO3MOXKHOCTH, YTO BUXPU MOTYT OBITH
OPHEHTUPOBAHBI, BOODOIIE TOBOPs, IIPOU3BOJILHO B IIPO-
cTpaHcTBe (X, Yy, T), B TOM 9HUCJIE U [OIEPEK MyIKa. Bbl-
YUCJIEHUSI TIOKA3aJId, YTO I0JI00HBbIE IIOIIEPEeYHbIE KOH-
duryparuu sBisiorcs goaroxupynmmu. Ha pucyrke 4
B KadecTBe IIPUMePa IPEICTABICHA CUTYaIlUsi C IBY-
Msl IIPOTUBOIIOJIOXKHBIMH IIOIEPEYHBIMU BUXPSIME; BTO-
pOil BUXDPBb HYKEH, UTOOBI y/IOBJIETBOPUTDH E€PUOIUIE-
CKOMY I'PAHUYIHOMY YCJIOBHIO IO mepeMeHHON 7. OauH
U3 BUXpe#l 3allojiHeH, a BTOPOil IPAKTUYECKH IIyCTOM.
B naHHOM YHCJIEHHOM SKCIIEDUMEHTE PaCCTOSIHAE MEXK-
JIy BUXDPSAMH IEPUOIUMIECKA MEHSIOCh, HO UX TECHOTO
cOimzkenust He npoucxoxmio (cM. Buzeo [57]). Kpome
TOrO, IOCKOJIbKY CHa4aJia IeHTP MacC BTOPON KOMIIO-
HEHTBI HAXOAWJICs BbImie wiockoctu y = (0, B mporec-
ce PacIpoCTPaHEHUs] UMeJI MECTO MeJlJIeHHbIe Kojieba-
TeJIbHBIE JIBUXKEHUsI BTOPOIl KOMIIOHEHTHI BJIOJIb OCH Y.
OTH BEPTUKAJBHBIE CMEIEHNs BUIHBI HA PUC. 4.

Juunamuka 0pd HAJAIAA OOJIBINET0 YHCIA TAKUX
BHUXpell ITOKa HE MOJE/INPOBAJIACH, IIOCKOJIBKY TOTIA 10~
TpeboBajach Obl JOCTATOYHO JIJIMHHAS] BBIYUC/IUTEIbHAS

Puc.3. (IIernoit onnaiin) Ilpeneccupyromas miasydas
KAIlIA ¢ IPUCOCANHEHHBIMA BUXPEBBIME HUTAMU IIPH K =
=1u ¢ = 253: (a) — HOLEPEIHOE CeUEHUE IIyUKa [IIIOCKO-
cruio 7 = 0; (b) — nonepevnoe ceueHue myIKa MIOCKOCTHIO
T = 2m; (C) — IPOJONIBLHOE CeYeHHe ILIOCKOCTLIO T = 0

00JIACTD 10 IEPEMEHHON T. DTa 3a7a9a OCTAETCS B ILIa~
HaxX Ha OymyImee.

WHTEpecHo OTMETUTh, 9TO MOCJIEI0BATEIBHOCTD I10-
JOOHBIX TIOIIEPEYHBIX BUXPEil CIIOCOOHA HeCTH MHMOpMa-
W0, TAK KAaK 3AII0JHEHNE KaXKIOr0 BUXPS COXPaHSeT-
Cd B TE€YEHUE JIOJITOT0 BPEMEHU W MOXKET CJIYKUTH OC-
HOBO# KouupoBaHusl. HacKOJIBKO 3TO CBOHCTBO MOXKET
O0Ka3aThCs MPUTOIHBIM C MPAKTUIECKON TOYKHU 3PEHUs,
IIOKa HE SICHO.

3akiarouenune. Taxkmm obpa3om, B 3TOit pabore
KOHIIEIIIUsI [TOBEPXHOCTHOTO HATSI>KEHUsI IIPUMEHEeHa K

TTucema B 2KOTO

Tom 117 BoII.3—-4 2023



“Kanunsaspasie” cTPYKTYPBI B HOIIEPETHO 3aXBAYCHHBIX HEJIMHEHHBIX ONTHIECKUX ITyIKaX 297

[P +plli-o

6 4 -2

Puc.4. (Lpernoit ommaiin) Cucrema ABYX MONEPETHBIX
BUXpel 1Ipu k? = 2. TlooKuTe bHELT 1 OTpHUIATEIbHBIA
BUXPU OPUEHTUPOBAHBI BJI0JIb OCH ¥, a UX CEPIIEBUHBI OT-
JIMYAIOTCS KOJIMYECTBOM 3aXBaue€HHONU BTOPOII KOMIIOHEH-
Thl. IloKazaHO HpOmOJIbHOE cedeHHe IIydYKa IIJIOCKOCTBIO

x =0 mpu: (a) ¢ =291; (b) ¢ =300

HEJIMHEHBIM U HECTAIMOHAPHBIM OIITHYECKUM ITyIKaM,
coiepKaImM 0d6e Kpyrosble rossgpusanuu. Haiinen qnc-
JIEHHO PsiJ] HOBBIX, CYIIECTBEHHO TPEXMEPHBIX KOMOU-
HUPOBAHHBIX KOTE€PEHTHBIX CTPYKTYP, O00YCJIOBJIEHHBIX
pasnesienueM das.

JlanHoe HAIIpaBJIEHNE MCCJIEIOBAHMIT TPEJICTABIISECT-
Csl JIOBOJIBHO ITEPCIEKTUBHBIM U MHOTI'OOOEIIAONIUM, 10~
CKOJIbKY 9yTh JIM HE KaXK/asi OCMBICJICHHAS] HAYATbHAS
KOH(MUTYpaIus MPUBOIAT K MHTEPECHON MOC/Iey OIei
JuHaMuke. Hampumep, B mjaHax Ha Oyiyllee ocraer-
CsI MOJICJTMPOBAHNE B3aNMOIEHCTBASA ABYX IUIABYINX Ka-
I1€JIb, COEIMHEHHBIX BUXPEBOI HUTHIO, & TAK2KE PACCMOT-
peHue JUHAMUKY JOMEHOB IIOJISIPU3AINN DA HAJIAIUU
[IOTIEPEYHBIX BUXPEl Ha CyIIeCTBEHHO Hemapabosmde-
ckoM (bOHOBOM TIPODUIIE UHTEHCUBHOCTH [B YACTHOCTH,
B JBYX-sIMHOM moTentmase V(x,y)].

CrouT OTMETUTH, YTO B3aUMOIEHCTBAE MEXKY JBY-
Ml TIOJIIPUABAIMAMY TPUBOIUT K HHTEPECHBIM CTPYKTY-
paM Tak»Ke U B CHCTeMaXx ¢ 0oJjiee CJIO2KHO yCTPOEHHOI
HeJIMHEHHOCTBIO (CM., HanpuMmep, [58, 59]).

IIucema B 2KOTP Tom 117 BRm.3-4 2023

Bynyr sin npeickazaHubie 3/1eCh PEIIEHUsT PEAJTAZ0-
BaHbl B 9KCIIEPUMEHTE, IMOKaxKeT BpeMsi. Kak ObLIo OT-
MEUYEHO BBIIEe, HA YK€ CYIIECTBYIOIIUX 00paslax 3To
BPsiJ] JIA TIOJIYYUTCsl, U TOJXOJISIIANA IKCIIEPUMEHTAIb-
HBIIl MaTepuaJ MPUIETCs TOTOBUATH “‘C HyJIs .

Asrop Gaarogapur E. A. Kysnenosa 3a nennoe 3a-
MeuaHue, MOJIOKUBIIIee HAYAJI0 ITOMY HCCJIEI0BAHMIO.

Pabora Bbmmosinena B
0029-2021-0003.
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